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PHONON-PHONON INTERACTION
IN THE CRYSTAL LATTICE OF NEUTRON STAR

Abstract. The aim of this paper is to calculate the oscillation frequency of the phonons in the crystal lattice of
neutron stars. Also, we calculated density of states of phonon and density of local phonon of impurity atoms. The
frequency of the atoms and impurities is compared. We have built graphics on the basis of the frequency depending
on their densities.

Keywords: phonon, neutron star, impurity, crystal lattice, frequency.

Introduction
Compact stars have extremely high-density and astronomical objects which appear after evolution of
normal stars. Consequently, compact body means that their excess hydrogen energy expended, and
converted to another reactions [1]. The difference between normal and high-density stars are little size and
density. The supernova stars are smaller than the normal stars [2].

A neutron staris a type of compact star. Neutron stars are the smallest and densest stars in
the Universe. With a radius of only about 11-11.5 km (7 miles), they can, however, have a mass of about
twice that of the Sun. They can result from the gravitational collapse of a massive star that produces
a supernova. Neutron stars are composed almost entirely of neutrons, which are subatomic particles with
no net electrical charge and with slightly larger mass than protons.

The outer layer of a neutron star has a complex structure which depends strongly on the nuclear
density. In the inner crust of the star, due to the high density and pressure, a large fraction of neutrons
occupies unbound states. Nuclei which are still present are therefore immersed in a neutron gas. The
structure of this part of the star has been the subject of a considerable theoretical effort.

outer core

Figure 1 — Structure of neutron star

Here, in crystal lattice of compact object passes reaction of electron capture:
N Fe+te = Mn+v, andMn +e > Cr +v,
Electron capture is a process in which the proton-rich nucleus of neutral atom absorbs an inner
atomic electron.
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In physics, a phonon is a collective excitation in a periodic, elastic arrangement
of atoms or molecules in condensed matter, likes olids and some liquids. Often designated a quasiparticle,
it represents an excited state in the quantum mechanical quantization of the modes of vibrations of elastic
structures of interacting particles.

Phonons play a major role in many of the physical properties of condensed matter, like thermal
conductivity and electrical conductivity. The study of phonons is an important part of condensed matter
physics.

Phonon is elementary particle which transfer oscillations in the crystal cell [3]. In this regard, the
phonon participate in all processes of the crystal lattice (energy, transport pressure). Therefore, to
calculate the frequency of fluctuations phonons and oscillations are very important [4].

The equations in this section do not use axioms of quantum mechanics but instead use relations for
which there exists a direct correspondence in classical mechanics.

For example: a rigid regular, crystalline (not amorphous), lattice is composed of N particles. These
particles may be atoms or molecules. N is a large number, say ~10”, or on the order of Avogadro's
number for a typical sample of a solid. Since the lattice is rigid, the atoms must be exerting forces on one
another to keep each atom near its equilibrium position. These forces may be Van der Waals
forces, covalent bonds, electrostatic attractions, and others, all of which are ultimately due to
the electric force. Magnetic and gravitational forces are generally negligible. The forces between each pair
of atoms may be characterized by a potential energy function %‘{ that depends on the distance of
separation of the atoms. The potential energy of the entire lattice is the sum of all pair wise potential
energies:

}: V[:?‘-,' — TJ')
LEN]

where T is the position of the ith atom, and ¥ is the potential energy between two atoms.

3 1/3
R=|— M
(4zr J

2

3.2%.¢> Z%.e'
+ T
2-R 2-R

Next, we consider the reaction of electron capture. In this case we have to calculate with back way,

Analysis of results

(M

The potential energy of nucleus:

U(r)=- @)

because with right way we can not solve analogical results:

4C Ka
o} =—Lgin? 24
M (3)
Here, K-vector of ossilation, K =+ /a : C-force constant. This constant we define:
d’U
C= >
dR N
o 4)

In this case,
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2
C: d U _ Zz '82 (5)
er r=R - R3

On (3)- form we substitute (5) and K, we get:

Z%e’
RBMA (6)

a)A,max = 2
If we compare this expression with Kirzhnis calculation:

B

o =2 ]—

max " (7
Z%e?

Here, ﬁl = R R=d/2 . d-dismnce of nucleus.

Next, we can do

Z%?
C = )81 = R3
(&)
Now, we define the distance between two nucleus:
4
P % y =Sk ©)
d=a=2R
M 3IM
p = 3 = 8 - 2
dn(a 4
212
d=a = 6&
fo¥:4
3
R = d_ - 6ﬂ (10)
8 pr

This formula-connection between distance and density. Next, on (4.8) form we substitute (10) and

(8):

o 2 [
M 3
mm(&) - o, (p) (12)
m

(1)
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(12) we get graph. Here, p=(10° + 10*)g/sm3
Next, we write the expression for impurity atoms. For impurity atoms we denote coordinates as a
&, =&, , force constant /3, .

For impurity atoms equation of motion:

5‘4‘0

=B(&+E.-28) (13)

But, for neighbour atoms:

6
e B&+8-28) (14
Using the expression we can definee_,_ for impurity atoms, when n=0:
E =&(-1)"exp(iw  t)exp(—a |n|a) (15)

*
For local oscillation we consider 2 parameters ¥y, anda:

(13)=(15)
(D)’ =2 ’Bl (16)
Next, (13)— (14):
(@) = ﬂ' 2+exp(—aa)+exp(aa)] (17)
2 =4£
a)mnx m (18)
7'
Here, ﬂ1 = R
m 4 4 3m
== V =— = 19
Py 3 47R’ @
Here, we define the R3:
3m
R =4 (20)
VA
B YV 1)
(21)—>(18)
2.2 2 2
@) =2 EC 4zp =107 2,

In our case we consider the impurity atoms, that is why Z+1;
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. (z+1)e
Pr="u

. 16 7% 4 P
W =, —7 =—(Z+1)e,|—
3’ M( ¥ 3

For finding the w4, (23) expression we have to do transformation:

4rp

(@) =2 I+ x

M

We equate the (23) and (24) and find the x:

IM M
_ 2 Zel_,Z+1 o 1
x= 7 =2 1=1+2
Z+1
(25)~ (24):
2
(o =4 1)
M

Using the expression (26) we find the maximum point of quazilocal oscillation.

Using the expression (27):

ol &) 01 0)
m
draw a graph.

The red line is not impurity, the blue line is with impurity:

Woax =

1wt Wmax

-8 st a0 5ol 1‘-::“p

Figure 16 — For Ch

ﬁ‘* [1+exp(-aa)] = |exp(— aa)= X — ?2[31‘ —2(1+ x)%

(22)

(23)

24

(25)

(26)

27
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Figure 17 — For Mn

2108 4.0l g .100F g-op0ld g m”p
Figure 18 — For Fe

For finding the maximal frequency:

JZ+1)
@, M _Z+1 3 28)
@ i(Z+l)e P Ze \ mp
M 2
(z +1)
. 4
Opee _ M _(Z+1)] |3 (29)
2
[ . iZe P Ze \mp
M 2

Using the (28) and (29) we draw the graph. These graphs show us the frequency, when oscillation of
phonons were maximum:



Hornaowr Hayuonanshoii akademuu nayx Pecnybauxu Kasaxcman
Wmax
25 1012
21012
15- 1012
110l
0 PR U I (RS U B U B (1
Figure 19— For Ch
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Figure 21 — Fe
Conclusion

This research work is calculated by frequencies and efficient way. That is, if we solve calculations

directly, calculation will be difficult. In this case, we were chosen as an effective way to back. The results
of the calculations shown and compared in figures as phonons frequencies.

During the calculations of the research work, the results were as follows: the density of compact

objects is p= (10° + 10*)g/sm3, so we choose on the extent of this frequency. Because neutron stars
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have a greater density p, that is why phonon effects are very important phenomena. Influence of phonons
spread in several directions:

1. Phonons description changes in the crystal cell of different depths (layers). In this case, the
frequency changes slowly;

2. p = p(z) dependence: A(Z+1, N)te— A(Z, N+1)+v,

Here, value of the frequencies to be changed rather than the from the first position. In other words, p
is the critical value of the crystalline lattice and quickly varies depending on the depth.
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K.0. Omap, H.K. Takndaer, B.O. Kypmanranuepa
'on- ®apabu areiaars Kazak Yurreik Yausepeureri, Anmarsr, Kazakcran

HEATPOH/BI JKY.JIIBI3IAPIBIH KPUCTAJIBIK TOPJIAPBIHIAFBI
©O®OHOH-®OHOH/1bl OCEPJIECYJIEP

AHHoOTANUA: By JXYMBICTEIH HeTi3ri MAKCATHl, HEHTPOHAR! KYIABI3IAPALIH KPHCTANIBIK TOPIAPLIHAAFE (HOHOHAAPAEIH
TepOenic kulmikTepin ecenrey Oonbin Tadbutaasl. CoHbiMeH Katap, (OHOH KYHIEpiHIH THIFBI3ILIKTAPEI MEH KOCITIA aTOMIADIBIH
JOKaibAbl (DOHOHAAPHIHEIH THIFBEI3ABIKTAPEIH eCeNTediK, Ta3a KyiOeri aroM MeEH KOCNAd AaTOMJApbIHBIH KHITIKTEPiH
CANBICTHIPBIK. K HITIKTIH THIFBI3IBIKKA OalIaHbIChl Heri3iHIe rpadHK TYPFBI3ILIK.

Tipek ce3zep: (OHOH, HEHTPOH/IBI KYJI/IBI3, KOCHANAD, KPUCTAIIBIK TOPIAp, }KHULIIK kKaHe T.0.

K.O. Omap, H.K. Takudaer, B.O. Kypmanranuepa
'Kazaxckuii HamsoHansHbIii YHuBepcuTeT HMEHH an- (Papabu, Anmarsel, Kazaxcran

®OHOH- ®OHOHHOE B3AI/[MO%[EI7[CTBHE
B KPUCTAJIMYECKHX PEHNIETKAX HEUTPOHHBIX 3BE3]]

Aunnoranus: OcHOBa 3Toi paboThl ABISETCSH, pacyeT 4acToT KoueOaHuH (JOHOHOB B KPHCTA/UIHYECKOH PELIETKE HEHTPOH-
HBIX 3Be3[. ClemaH pacueT MO IUIOTHOCTAM (DOHOHHEIX COCTOAHHH M IUIOTHOCTH ATOMOB JIOKAJABHBIX (JOHOHOB, CPaBHHBAIH
4aCTOTHI ATOMOB B YHCTOM BHJIE M B IpHMecsX. Ha 0CHOBe 3aBHCHMOCTH 4acTOT OT HX IUIOTHOCTH MBI TIOCTPOMIIH IPABHK.
Kirouesble ci10Ba: GoHOH, HeHTPOHHBIE 3B€3IBl, TPHMECH, KPHCTAIHYECKAA PELIETKA, 4acTOTa H T.1.



